There are three kinds of results. First we extend and sharpen a convexity inequality of Agmon and Nirenberg for certain differential inequalities in Hilbert space. Next we characterize the bounded solutions of a differential equation in Hilbert space involving and arbitrary unbounded normal operator. Finally, we give a general sufficient condition for a bounded solution of a differential equation in Hilbert space to be almost periodic.
first proved this assuming c 2 -3/2 recently S. Zaidman [7] extended it to weak solutions of (1.1). Our results apply to weak solutions and to the range of values 0 < c < 1/2 moreover, we obtain a smaller constant K than did these previous authors. This result is presented in Section 2.
Section 3 is devoted to obtaining the structure of the set of all bounded solutions of du(t)/dt (S 1 + iS2)u(t (_oo < t < ).
The results generalize and improve a recent result of Zaidman [83.
In Section 
That a strong solution of (2.1) is a weak solution follows from an integration by parts. 
